m(x) = I m(x + ty)dpiy)
J s for all sufficiently small t. For example, the characteristic feature of the ordinary harmonic functions is that they satisfy the mean value property with respect to the homogeneous distribution on the unit sphere.
It has been shown [4] , [6] that functions satisfying a mean value property are harmonic in some sense; however, unless the given mass is of a very special nature it is difficult even to decide whether or not the space of functions satisfying the mean value property with respect to it is infinite dimensional.
Results in this topic are to be found in [1] , [2] , [3] , [4] , [5] , [6] , [7] and [8] .
Our main result here is a proof that whenever piy) is a nondegenerate product mass the space of functions satisfying the mean value property with respect to piy) is necessarily finite dimensional.
"Nondegenerate"
here is to mean that the support of the measure is not contained in a hyperplane through the origin. In particular as a corollary we obtain that the spaces of functions satisfying the mean value property with respect to homogeneous distribution on squares, rectangles and more generally on ^-dimensional parallelepipedons are finite dimensional. The latter results are new for d^3.
The starting point in establishing these facts is the following result established by A. Friedman and W. Littman [6] and indirectly also The condition expressed by this criterion can be transformed into a more convenient one. If we multiply the nth polynomial in (2) by (it)n/n\, where / is a complex parameter, and sum from 0 to oo we obtain the expression On the other hand by the very definition of these functions each Aj is pure imaginary and each Bi may be taken equal to one. We can thus write satisfied by every point of the support of piy). In other words piy) must be a degenerate measure.
